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CHQYEN DE 1 ,
PHUONG TRINH LUQNG GIAC

A.CONG THUC LUQONG GIAC CAN NHO

I. Mot sb cong thirc luong giac can nhd

—;1+cot® x=—

1) sin®x+ cos’Xx = Ll+tan’x= —.
cos” X sin® x

sin X COS X 1
2) tanx=——;cotx =——;tanx=——-.
COS X sin X cot X

3) Cong thirc cong:
sin(a+b) =sinacosb + cosasinb
cos(a+b) =cosacosbFsinasinb
4) Cong thirc nhan doi: sin2x = 2SiNXCOSX
052X = c0s?X — sin’x = 2 cos’x — 1 = 1 - 2 sin’

5) Cong thirc ha bac:
2, l+cos2x, . ,  1-cos2x

COS“ X=——"-:SiN"X = 5
6) Cong thirc nhan ba:
~ Sin3x = 3sinx — 4sin’x; c0s3X = 4¢0s°x — 3COSX.
7) Cong thirc biéu dién theo tanx:
) 2tan x 1—tan®x 2tan x
Sin2x =—2;0052x =—2;tan2x =
1+tan® x 1+tan” x 1-tan“ x

8) Cong thirc bién doi tich thanh tong:

cosacosh = %(cos(a —b) +cos(a+b))
sinasinb = %(cos(a —b) —cos(a+ b))

sinacosb = %(sin(a—b) +sin(a+b))

9) Cong thic bién d6i tong thanh tich:

sinx+siny = 2sin Y cos X =Y
2 2
sinx —siny = 2c0s > gin 2 =Y
2 2
cosx+cos Y = 2cos =Y cos X =Y
2 2
COS X —COS Y = —2sin X;ysin x;y
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B. MOT SO DANG BAI TAP VE PHUONG TRINH LUQNG GIAC
Dang 1. Phwong trinh bac hai.

Bai 1. Giai cac phuong trinh sau:
1) 2cosx - /2 =0 2) J3tanx -3=0
3) 3cot2x + /3 =0 4) \J2sin3x—-1=0

5) J2 cosx + sin2x = 0
Bai 2. Giai cac phuon trinh sau:

1) 2c0s’x — 3cosx +1 =0 2) cos’X +sinx +1 =0

3) 2cos’x + J2cosx—2=0 4) cos2x — 5sinx + 6 =0

5) cos2x + 3cosx +4 =0 6) 4cosX - 4-/3cosx +3=0
7) 2sin®X — cosx + % =0 8) 2sin®x — 7sinx + 3= 0

9) 2sin? + 5c0sx = 5.
Bai 3. Giai cac phuong trinh:

1) 2sin’x - cos’x - 4sinx +2 =0 3) 9cos’X - 5sin®x - 5cosx +4 =0
3) 5sinx(sinx - 1) - cos’x = 3 4) c0s2x + sin®x + 2cosx + 1 =0
5) 3c0s2x + 2(1 + 2 +sinx)sinx— (3+ +2)=0
6) tan’x + (+/3 - 1)tanx — 3 =0 7) Jg =3cotx++/3
sin“ x
) )
8) 4sIn” 2X+6sIn“ X -9 —3c0s2x 0
COS X

9) cosx(cosx+25inx)+3$inx(sinx+\/§) 1

sin2x—1 '

Dang 2. Phwong trinh bac nhat ddi véi sinx va cosx
Bai 1. Giai cac phuong trinh sau:

1) 4sinx — 3cosx = 2 2) sinx - J3cosx =1
3) J3sin3x + cos3x = 1 4) sindx + J3cosax = 2
5) 5c0s2x — 12c0s2x = 13 6) 3sinx + 4cosx =5
Bai 2. Giai cac phuong trinh:
1) \/§cos3x+sin3x:\/§ 2) 35in3x—J§cos9x:1+4sin33x
3)cos7xc035x—x/§sin 2Xx =1-sIin7xsin5x 4) cos7x —/3sin7x=—/2

5) Zﬁ(sin X + COS X) COS X = 3+ COS2X

Dang 3. Phwong trinh ding cap béc hai d6i véi sin va cosin.
1) sin2x + 2sinxcosx + 3c0s2x - 3=0 2) sin2x — 3sinxcosx +1 = 0.

5
3) 4\/§sinxcosx + 4c0s2X = 2sin2x + E

5 3
4) 33in2(37z —X)+ Zsin(zﬂ + X) cos(z + X) —53in2(; +x)=0.
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1 1
5) a) «Esinx+cosx:—; b) 4sinx+6cosx=——.
COS X COS X
6) c0s2x — 3sinXcosx — 2sin2x —1 =0 7) 6sin2x + SinXCoSX — COS2X = 2.
8) sin2x + 2sinxcosx - 2cos2x =0 9) 4sin2x + sinxcosx + 3cos2x - 3 =0.

10) sin2x - 4«/§sinxcosx + 5c052x =5,
Dang 4. Phuong trinh ddi xtrng d6i véi sinx va cosx:
Bai 1. Giai cac phuong trinh sau:
1) (2 +\/§) (sinx + cosx) — 2SiNXCcosx = 242 +1
2) 6(sinx — cosx) — sinXcosx = 6
3) 3(sinx + cosx) + 2sinxcosx + 3 =0
4) sinx — cosx + 4sinxcosx +1 =0
5) sin2x — 12(sinx — cosx) + 12 =0
Bai 2. Giai cac phuong trinh:
1) V2 (sinx + cosx) - sinxcosx = 1.

2) (1 — sinxcosx)(sinx + cosx) = %
1 : 1 10
3) COSX+——+SINX+——=—.
COS X sinx 3
J2

4) sin®x + cos®x = >
5) sinx — cosx + 7sin2x = 1.

6) (1+\/§)(sinx—cosx)+25in xcosx=1++/2.
7) sin 2x+\/§sin(x—%):l.

8) [sinx—cos x|+ 4sin2x =1.

9) 1 + tgx = 22 sinx.
10) sinxcosx + 2sinx + 2cosx = 2.
11) 2sin2x — 2(sinx + cosx) +1 = 0.


http://www.daythem.com.vn/

Gia Su Song Hanh

C.BAI TAP TU LUYEN
Bai 1. Giai cac phuong trinh sau:

1) sin3x = 1
2

N7

2) CO0S2X =- —
2

3) 3

4)

tan(x + 60°) = -

cot(£—5xj =1
7 3

5) sin2x = sin(3x+%j

tan(2x+£] = tan (f—3xj
3 6

cos(3x + 20°) = sin(40°- x)

tan(x+£j =- cot(2x—£j
4 3

sin(2x - 10°%) = %

N

6)
7)
8)
9)

10) cos(2x +1) =

Bai 2. Giai cac phuong trinh:

1) sinx =1
2

2) cos®3x =1

3) sin’x + cos’x = %
0

4) sinx +cosx =1

5) €0SX.C0S3X = C0S5X.COS7X

6) C0S2X.C0S5X = COS7X
C0S2X

7) sin3x.cos7x = sin13x.cos17x

8) sindx.sin3x = cosx

9) 1+ 2cosx +cos2x =0

10) cosx + cos2x + cos3x = 0

Bai 3. Giai cac phuong trinh:
1) 2sin’x-3sinx+1=0

véi -120° < x < 90°

VOl -T<X<T

11)

12)

13)

14)
15)
16)

17)
18)
19)

20)
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11) sin(2x - 3) =sin(x + 1)
12) tan(3x +2) + cot2x =0
13) sin3x = cos4dx
14) tan3x.tanx =1
15) sin(2x +50°) = cos(x + 120°)
16) /3 - 2sin2x =0
X _
17) Zcos(§+zj -3=0

18) 3tan(%—2o°j +43 =0

19) 2sinx - \/2sin2x =0

20) 8cos’x-1=0

sin?x + sin®2x = sin?3x
sin[x—%)(2003x+\/§)tan2x =0

(2sinx + 1)% - (2sinx + 1)(sinx - %) =

sinx + sin2x + sin3x =0
COSX + €0S2X + c0S3X + cosdx =0
1 + sinX + C0S3X = cOSX + Sin2x +

COS7X + SiN“2X = COS2X - COSX
sinX + sin2x + sin3x = 1 + cosx + c0s2X
sin3x.sin5x = sin11x.sin13x

1
COSX - COS2X + Cc0S3X = E

2) 4sin® + 4cosx-1=0
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3) tan(% + 2xj + Zcot(% + 2xj -3=0 4)

: f +(3-/3)cot2x-3-+/3=0
sin® 2x
5) cot’ - 4cotx +3=0 6) cos’2x +sin2x+1=0
7) sin®2x - 2cos’x + % =0 8) 4cos’ - 2(+1/3 - 1)cosx + /3 =0
9) tan’x +4tan’x +3 =0 10) cos2x + 9cosx +5=10
11) ——— +3cot’x =5
cos’ X
Bai 5. Giai cac phuong trinh sau:
1) 3sinx +4cosx =5 2) 2sin2x - 2c0S2X = J2
3) Zsin(x+£] + sin(x—zl = ﬂ
4 4 2
: 2
4) 3cosx + 4sinx + =3

3CoSX + 4sinx -6
5) 2sinl7x + \/§0055x +sin5x =0
6) Ccos7X - sin5x = J3 (cos5x - sin7x)
7) 4sinx + 2 cosx = 2 + 3tanx
Bai 6. Giai cac phuong trinh:

1) 2(sinx + cosx) - 4sinxcosx - 1 =0 2) sin2x - 12(sinx + cosx) + 12 =0
3) sinx - cosx + 4sinxcosx +1=0 4) cos’x +sin’x = 1

5) 3(sinx + cosx) + 2sin2x +2 =0 6) sin2x - 3\/§(sinx +cosx) +5=0
7) 2(sinx - cosx) +sin2x +5=0 8) sin2x + /2 sin(x - 45°) = 1

9) 2sin2x + »\/§|sinx +cosx|+8=0
10) (sinx - cosx)? + (v/2 + 1)(sinx - cosx) + v/2 =0
Bai 7. Giai cac phuong trinh
1) sin®x - 10sinxcosx + 21cos’x = 0 2) cos’X - 3sinxcosx + 1 =0
3) cosX - sin? - /3sin2x = 1
4) 3sin®k + 8sinxcosx + (8+/3 - 9)cos’x = 0
5) 4sin®x + 3+/35sin2x - 2cos?x = 4
6) 2sin>x + (3 + ~/3)sinxcosx + (v/3 - 1)cos?x = 1
7) 2sin® - 3siNXCOSX + €os°X = 0 8) c0s°2x - 7sindx + 3sin“2x = 3

Bai 8. Giai cac phuong trinh
1) 4cos - 2(x/3 + 1)cosx + /3 =0 2) tan> + (1 - V/3)tanx -3=0
_5.
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3) c0s2x + 9cosx +5=10 4) sin?2x - 2cos’x + % =0

5) 2cosbx + tan3x = 1 6) + 3cot’x =5

cos’X
Bai 9. Giai cac phuong trinh

1) sinx + sin2xsindx + sin3xsin9x = 1

2) C0S2X - sin2xsindx - cos3Xcos9x = 1

3) €0s2X + 2sinxsin2x = 2c0sX

4) coS5XCOSX = COS4XC0S2X + 3c0s*X + 1

5) cos4x + Sin3Xcosx = SINXC0S3X

6) sin(4x + %)sin6x =sin(10x + %)
7) (1 +tan®)(1 +sin2x) =1
8) tan(%7I -X) + tan(g -X) +tan2x =0

Bai 10. Giai cac phuong trinh
1) (1 - cos2x)sin2x = /3sin>x
2) sin*x - cos’x = cosx

1 1 n, _1-cotx
3) + cos(X- —-)= ———
1+cosx 2 4" 2(1+ cotx)
. —2\2
4) 1-(2+2)sinx= ————
) 1-@+V2) 1+ cot®x
5) tan’x = L- cosX
1 - sinx

6) 2(sin®x + cos°x) + sin2x(sinx + cosx) = /2
7) cosx(1 - tanx)(sinx + cosx) = sinx
8) (1 +tanx)(1 + sin2x) =1 + tanx
9) (2sinx - cosx)(1 + cosx) = sin’x
Bai 10. Giai cac phuong trinh
sin2x

1) sinx + cosx - -1=0

2) (1+ ﬁ)(sinx+cosx) -sin2x - (1 + \/E) =0
3) tanx + tan2x = tan3x
1 + cosx _ sinx

4) =
1 - cosx

X
COS—
2
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D. MOT SO BAI THI PAI HOC VE PHUONG TRINH LUQNG GIAC
Bai 1. Giai cac phuong trinh

1) (1 +tanx)cos’x + (1 + cotx)sin®x = /2sin2x

2)  tan’X - tanxtan3x = 2

3) J5 - 3sinx - 4cosx =1 - 2c0osx

4)  cos3xtanb5x = sin7x

5) tanx +cotx =4

6) sin ?x

1+ sinx

7) 2tanx + cotx = \/§ +

+ 2cosx =0

2

sin2x
8)  tanx + cotx = 2(sin2x + c0s2Xx)
9)  2sin3x(1 - 4sin’x) = 1
2 2
10) SOUX-TNX _ 1601 + cosax)
COS2X

11) C0SX.C0S2X.C0S4X.COS8X = %

12)  cos10x + cos*4x + 6C0OS3XCOSX = COSX + 8COSXCOS°3X
13)  sin’xcosx = % + cos®xsinx

14)  sin® + cos®x = cos4x

15) sin*x + cos*x = %cot(x + g)cot(% - X)

16) SinXcotsx _1q
C0S9X
17)  sin®xcos3x + cos’xsin3x = sin*4x

18) 2sin3x - i = 2C0S3X + 1
sinx COSX

2

19)  cos’xcos3x + sin®xsin3x = o

20) sm“x_ + COS'X = E(tanx + Cotx)
sin2x 2
21) 1+tanx = 22 sinx
22)  cOsX - sinx = /2 cos3x
23) J3sin2x - 2c0s?X = 2+/2 + 2c0s2x
24)  sin®x + cos®x + sin®xcotx + cos*xtanx = +/2sin2x
25)  (2cosx - 1)(sinx + cosx) =1

26)  2sin(3x + %) = /1 + 8sin2xcos’2x
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Bai 2.

Giai cac phuong trinh

1) sin| 2| + cos[ 2 =2
3 3 8

2) 4sin® + 3cos®x - 3sinx - sin’xcosx = 0

3) cos’x - sinx - 3cosxsin’x + sinx = 0

2 (1 - cosx)® + (1 + cosx)’
4(1 - sinx)

1+ sinx 5

- tan’xsinx = + tan®x

5) sin’x(tanx + 1) = 3sinx(cosx - sinx) + 3

6) cos’x + sin’x = ’
16

Bai 3. Giai cac phuong trinh
1 COS2X + 3COt2X + sindx _ 5 2) 4sin®2x + 6sin®x - 9 - 3c0s2X _ 0
cot2X - cos2x COSX
H 2
3) cosx(2sinx + 3\_/5) 2c08°% -1 _ 4) sindx = tanx
1+ sin2x
5) cos2x + sin®x 2cosx + 1 =0 6) sin3x + 2cos2x-2=0

7) cos’X + cos’2x + c0s?3x + c0s?4X = g 8) 2+ cos2x + 5sinx = 0

9) 3(tanx + cotx) = 2(2 + sin2x) 10) 4cos*x + 3+/2 sin2x = 8cosx

Bai 4.
1) cosx + \/§sinx =3-

Giai phuong trinh lugng giac
3

_ 2) 3sin3x - \/§cos9x =1+
COSX + +/3sinx + 1

4sin3x

3) COS7XCOS5X - J3sin2x = 1 - sin7xsin5x 4) 4sin2x - 3cos2x = 3(4sinx - 1)
5) 4(sin*x + cos*x) + +/3sindx =2 6) 4sin’x - 1 = 3sinx - /3 cos3x
7) J3sin2x + cos2x = /2 8) 2\/§(sinx + COSX)CosSX = 3 +
C0S2X

9) cos? - \/3sin2x = 1 + sin’k

Bai 5.

Giai cac phuong trinh (bién ddi dua vé dang tich)

1) sin3x - 2_sin’ = 2sinxcos2x

J3
2) sin®2x + cos’8x = %colex
3) (2sinx + 1)(2sin2x - 1) = 3 - 4cosx
X X .o .x . 3x 1
4) COSXCOS—CO0S— - Sinxsin—sin— = =
2 2 2 2 2

5) tanx +tan2x - tan3x =0
6) cos’X + sin®x = sinx - cosx
7) (COoSX - SINX)COSXSINX = COSXCOS2X

-8 -
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8) (2sinx - 1)(2cos2x + 2sinx + 1) = 3 - 4cosx
9) 2c0s’X + €0s2X + sinx = 0
10) sin3x - sinx = sin2x
11) cos_x
1-sinx
12) sinx + sin2x + sin3x + sin4x + sin5x + sin6x = 0

=1+sinx

13) cos*X -sin*Z = sin2x
2 2

14) 3 - 4cos®x = sinx(2sinx + 1)
15) 2sin’x + c0s2x = sinx

16) sin® + sin“2x + sin®3x = g

17) cos’x + sin®x = sinx - cosx

18) sin®x + cos®x = 2(sin°x + cos°x)

19) sin®x = c0s?2x + c0s*3x

20) sin®3x - sin“2x - sin’x =0

21) 1+ sinx + cosx =sin2x + cos2x =0
22) 2sin®x - sinx = 2c0s°X - COSX + C0S2X
23) 2sin®x - c0s2x + cosx = 0

24) cosx + c0s2x + c0s3X + cos4x =0

25) 2c0s2x = J6 (cosx - sinx)
26) 4cos®x + 3+/2 sin2x = 8cosx
27) sin3x + sin2x = 5sinx

Bai 6. Giai cac phuong trinh

sin3x - sinx :
1) ———— =C0s2X + sin2x vol 0<x<2m
) V1 - cos2x
2) sin(2x + 577[) - 3cos(x - 7771) =1 + 2sinx voi g <X<3n
3) cos7x - «/3sin7x = - /2 vc’yi%n<x<67n
Bai 7. Tim gia tri 1on nhét, gia tri nho nhét cua:
1) y = 2sin®x + 3sinxcosx + 5c0s°x
+ 2sinx +
2) y= cosX ZS_mX 3 trong khoang ( -7 ; )
2C0SX - sinx + 4
3) y = 4sin® + /2sin(2x + %)
4) y = sinx - cosx + %
Bai 8 (Cac dé thi PH, CP méi).
. +si
1) A 02. Giai phuong trinh: 5[ sinx + SOXFSINSX ) _ heon + 3
- 1 + 2sin2x

2) D 02. Tim cac nghi¢m thudc [0; 14] cua phuong trinh:
-9._
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cos3X - 4co0s2x + 3cosx -4 =0
COS2X

1 + tanx

3) A_03. Giai phuong trinh: cotx -1 = + sin’x - %SinZX

4) D_03. Giai phuong trinh: sinz(g - %)tanzx - COSz% =0

5) D _04. Giai phuong trinh:  (2cosx - 1)(sinx + cosx) = sin2x - sinx
6) A_05. Giai phuong trinh:  cos*3xc0s2x - cos*x = 0

7) D_05. Giai phuong trinh:  cos*x + sin’x + cos(x - %)Sin(Bx - %) -2 =0
8) A 05 du bil. Tim nghiém trén khoang (0 ; m) cua phuong trinh:
4sin2§ - J3c0s2x = 1 + 2c0s(X - 3%)

9) A 05 du bi 2. Giai pt: 22 cos’(x - %) - 3cosx - sinx = 0
10)D 05 dubi 1. Giai pt: tan(>x - x) + —SNX_ —
2 1+ cosx
11) D_05_dy bi 2. Giai pt: sin2x + cos2x - 3sinx - cosx -2 =0
2+32

12) A 06 _duy bi 1. Giai pt: cos3xcosx - sin3xsin®x = .

13) A 06 du bi 2. Giai pt: 4sin® + 4sin’x + 3sin2x + 6cosx = 0

14) B_06_du bi 1. Giai pt: (2sin? - 1)tan’2x + 3(2cos’x - 1) = 0

15) B_06_du bi 2. Giai pt: cos2x + (1 + 2cosx)(sinx - cosx) =0

16) D_06_du bi 1. Giai pt: cos’x + sin®x + 2sin°x = 1

17) D_06. Giai pt: C0S3X + €c0S2X - cosx-1=0

18) A_07. Giai phuong trinh: (1 + sin?)cosx + (1 + cos*x)sinx = 1 + sin2x
19) B 07. Giai phwong trinh: ~ 2sin“2x + sin7x - 1 = sinx

21) D_07. Giai phuong trinh:  (sin’ % + coszg)2 + J3cosx = 2

22) CP 07. Giai phuong trinh: Zsinz(% - 2x) + /3 cosdx = 4cos’ - 1
23) A_08. Giai phuong trinh: _1 + 1 = 4sin (E - Xj
SINX sin (x - nj 4

24) B_08. Giai phuwong trinh:  sin®x - v/3c0s%x = sinxcos®x - /3 sin®xcosx
25) D_08. Giai phuong trinh: ~ 2sinx(1 + cos2x) + sin2x =1 + 2cosx
26) CP_08. Giai pt: sin3x - /3 cos3x = 2sin2x

-10 -


http://www.daythem.com.vn/

Gia Su Song Hanh https://trungtamgiasunhatrang.com/

CHUYEN DE 2
DPAI SO TO HQP

A.MOT SO DANG TOAN THUONG GAP
1) QUY TAC CONG VA QUY TAC NHAN:

Bai 1: Vi cac chirsb 1, 2, 3, 4, 5 ¢6 thé 1ap duoc bao nhiéu:
1) S6 1é gom 4 chir s6 khac nhau?
2) S6 chin gdm 4 chi s6 bat ky?
Bai 2: C6 4 con dudng ndi lién diém A va diém B, c6 3 con dudng ndi lién diém B va

diém C. Ta mudn di tir A dén C qua B, 10i tir C trd vé A ciing di qua B. Hoi ¢6 bao
nhiéu cach chon 16 trinh di va vé néu ta khéng mudn dung duong di 1am duong vé
trén ca hai chang AB va BC?
Bai 3: C6 5 miéng bia, trén mdi miéng ghi mot trong 5 chit s6 0, 1, 2, 3, 4. Ly 3
miéng bia ndy dit 1an luot canh nhau tir trai sang phai dé duoc cac s6 gdm 3 chir sd.
Hoi ¢6 thé 1ap dugc bao nhiéu s6 co nghia gom 3 chit s6 va trong d6 c6 bao nhiéu sb
chan?
Bai 4: Cho 8 chitrsd 0, 1,2, 3,4, 5, 6, 7. Tir 8 chit sb trén c6 thé lap duoc bao nhiéu
50, mdi s6 gdm 4 chir sb d6i mot khac nhau va khong chia hét cho 10.
Bai 5: Mot nguoi ¢6 6 cai 4o, trong d6 ¢6 3 40 soc va 3 4o trang; ¢6 5 quan, trong do
c6 2 quan den; va co 3 d6i giay, trong d6 co 2 dbi gidy den. Hoi ngudi do co bao
nhiéu cach chon mic 4o - quén - gidy, néu:

1) Chon 40, quan va gidy nao cling duoc.

2) Néu chon 40 soc thi véi quan nao va gidy ndo ciing duoc; con néu chon 4o
trang thi chi mic vdi quan den va di giay den.
I1) HOAN VI - CHINH HOP - TO HOP:
Bai 1: C6 n nguoi ban ngdi quanh mot ban tron (n > 3). Hoi ¢6 bao nhiéu cach sap

xép sao cho:
1) C6 2 ngudi an dinh trude ngdi canh nhau.
2) 3 nguoi an dinh trude ngéi canh nhau theo mot thir ty nhat dinh
Bai 2: Mot doi xay dung gom 10 cong nhan va 3 ki su. Dé 1ap mot td cong tac can
chon 1 k¥ su lam t6 trudng, 1 cong nhan lam t6 pho va 5 cong nhan 1am to vién. Hoi
c6 bao nhiéu cach 1ap td cong tac.
Bai 3: Trong mot 16p hoc ¢6 30 hoc sinh nam, 20 hoc sinh nit. Lép hoc ¢6 10 ban,
mdi ban ¢6 5 ghé. Hoi c¢6 bao nhiéu cach sap xép chd ngdi néu:
a) Céac hoc sinh ngdi tuy y.
b) Céc hoc sinh ngdi nam cung 1 ban, cac hoc sinh nit ngdi cting 1 ban
Bai 4: Voicacsb: 0, 1,2, ..., 9 1ap duoc bao nhiéu sd 1¢é ¢d 7 chit sb.

-11 -


http://www.daythem.com.vn/

Gia Su Song Hanh https://trungtamgiasunhatrang.com/

Bai 5: T hai chit sb 1; 2 lap duoc bao nhiéu s6 ¢6 10 chit sb trong do c6 mat it nhat
3 chir s6 1 va it nhat 3 chit s6 2.
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Bai 6: Tim téng tAt ca cac sb ¢o 5 chit sb khac nhau duoc viét tir cac chir s6: 1,2,3,4,5
Bai 7: Trong mot phong c6 hai ban dai, mdi ban c¢6 5 ghé. Nguoi ta mubn xép chd
ngdi cho 10 hoc sinh gdm 5 nam va 5 nit. Hoi c6 bao nhiéu cach xép chd ngdi néu:
1) Cac hoc sinh ngdi tuy .
2) Céc hoc sinh nam ngé)i mot ban va cac hoc sinh nir ngéi mot ban.
Bai 8: Vi cac chir $6 0, 1,2, 3, 6,9 c6 thé thanh 1ap dugc bao nhiéu sb chia hét cho
3 va gdm 5 chit s6 khac nhau
Bai 9: Tu cac chir cai cta cau: "TRUONG THPT LY THUONG KIET" ¢6 bao nhiéu
cach xép mot tr (tir khéng can c6 nghia hay khéng) c¢b 6 chit cai ma trong tir d6 chir
"T" c6 mdt dung 3 1an, cac chir khac doi mot khac nhau va trong tir d6 khong c6 chir
"E"
Bai 10: Cho A 1a mdt tap hop ¢6 20 phan tir.
a) Co bao nhiéu tap hop con cua A?
b) C6 bao nhiéu tap hop con khac rdng ctia A ma ¢ sd phan tir 1a s6 chin?
Bai 11: 1) C6 bao nhiéu s6 chin c6 ba chir sé khac nhau dugc tao thanh tir cac chir s6
1,2,3,4,5,6?

2) C6 bao nhiéu s6 c6 ba chit s6 khac nhau duoc tao thanh tir cac chit sd 1, 2,
3,4, 5, 6nacic sb d6 nho hon s6 345?

Bai 12: Tir cac chit s6 1, 2, 3, 4, 5, 6 thiét 1ap tat ca cac s6 ¢ 6 chit s6 khac nhau. Hoi
trong cac s6 da thiét 12p duogc, c6 bao nhiéu s6 ma hai chit s6 1 va 6 khong ding canh
nhau?

Bai 13: Mot trudng tiéu hoc ¢6 50 hoc sinh dat danh hiéu chau ngoan Bac H9, trong
do c6 4 cdp anh em sinh doi. Can chon mot nhém 3 hoc sinh trong s6 50 hoc sinh trén
di du Pai héi chau ngoan Bac HO, sao cho trong nhom khong c6 cap anh em sinh doi
nao. Hoi ¢6 bao nhiéu cach chon.

Bai 14: Véi cac chit sb 1, 2, 3,4, 5, 6,7, 8, 9 ¢o6 thé 1ap dugc bao nhiéu sb c6 ba chit
s6 khac nhau va khong 16n hon 789?

Bai 15: 1) Cho céc chir s6 0, 1, 2, 3, 4. Hoi ¢6 thé thanh 1ap duoc bao nhiéu sé c6 bay
chir sb tur nhitng chit sb trén, trong do6 chir sb6 4 c6 mit ding ba 1an, con céc chir sb
khac c6 mat dung mot lan.

2) Trong s6 16 hoc sinh c¢6 3 hoc sinh gioi, 5 kha, 8 trung binh. C6 bao nhiéu
cach chia sb hoc sinh d6 thanh 2 t6, mdi to 8 ngudi sao cho & mdi to déu c6 hoc sinh
gidi va mdi t6 c6 it nhat hai hoc sinh kha.

Bai 16: S nguyén duong n duoc vit dusi dang: n = 2%.3P 57.7°
Trong d6 a, B, v, 6 1a cac sb tu nhién
1) Hoi sb cac ude so ciia n 12 bao nhiéu?
2) Ap dung: Tinh sb cac udc sb ciia 35280.
_13-
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II1) TOAN VE CACSO P,, A, CK-

: Chy 1
Bai 1: Giai bat phuong trinh: 2_1 <
An,, 14P3
4
Bai 2: Tim cac s6 am trong day s6 Xy, Xa, ..., Xp, ... VOi: X, = Ansa _ 143
P2 4P,

Bai 3: Cho k, n 14 cac s6 nguyén va 4 <Kk < n; Chtng minh:
Ch +4CK T +6Ch > +4CK > +Cp " =Chyg
Bai 4: Cho n > 2 1a s6 nguyén. Chimg minh: P, =1 + Py + 2P, + 3P; + ... + (n - 1)P,..
1
Bai 5: Cho k va n 1a cac s6 nguyén duong sao cho k < n. Chimg minh rang;
Cp=Cpi+Ch5+..+CL +Ci
VI) NHI THUC NEWTON:
Bai 1: Chtmg minh ring: C13" ! +2.c23" 2 +3.c33" 3 + ...+ n.C? =n4"?
Bai 2: Khai trién va rat gon cac don thirc dong dang tir biéu thuc:
1+x)° + (1 +x)10 + ..+ (L +x)' ta s& duge da thuc:P(x) = Ag + AX + AXE + ...
£ Auxt
Hay xac dinh hé s6 Ag

1
Bai 3: 1) Tinh [(1+x)"dx (neN)
0

\ 1A Y , . N 1.1 1,02 1 n 2n+1—l
2) Tu két qua d6 ching minh rang: 1+ =C,, +=C, +...+4 —C, =
2 3 n+1 n+l

Bai 4: Chimg minh ring: 2.1.C2 +3.2.C4 + ...+ n(n—1)C! = n(n-1).2"*
Bai 5: Tinh tdng S = Cp — 2.C; +3.C; —4.Cp + ...+ (-1)"1nCP  (n22)
Bai 6: Ching minh ring: 31°C% —3Cls + 31 C% —...+ €18 = 21°
Bai 7: Tim hé s6 cta x° trong khai trién ctia biéu thirc sau thanh da thic:

f(x) = (2x+1)* +(2x +1)° + (2x +1)® + (2x +1)’

10
Bai 8: Trong khai trién cia (% + %X) thanh da thuec:

P(X) = ag +a1X+...+a9x" +aox " Hiy tim hé s6 ay 16n nhat (0 < k < 10)
Bai 9: Tim s nguyén duong n sao cho: C?l + ZC}l +4C,21 +...+2"Cp =243,

Bai 10: CMR: Cgo()l + 32C%001 + 34 Cgom + et 32000C%882 = 22000(22001 — 1)

-14 -


http://www.daythem.com.vn/

Gia Su Song Hanh https://trungtamgiasunhatrang.com/

Bai 11: V&i mdi n 14 sé ty nhién, hiy tinh tong:

et -tetile?z yennLtocem
2 T3 n+l

N+t oric20? 4384 L cnon
2 3 4 n+1

Bai 12: Cho da thirc P(x) = (3x - 2)*°
1) Tim hé s cua x° trong khai trién trén cia P(x)
2) Tinh téng cua cac hé s trong khai trién trén cta P(x)

Bai 13: Biét tong tt ca cac hé sb cua khai trién nhi thuc: (X2 + 1)1 bang 1024 hiy tim
hé sb a (a 1a s6 ty nhién) cua s hang a.x™* trong khai trién do.

28\
Bai 14: Trong khai trién nhj thuc: xIx +x 15 hay tim s hang khong phu thudc

vao x biét ring: CP +C" ! + M2 =79
Bail5: Chung minh:

21l ponte2 430303 142"t 4.+ nC = 03"

17
Py - A A , CLeR o 1R , 1 4/ 3
Bai 16: Tim s6 hang khong chira x trong khai trién cta bi€u thuc: | —+ Vx X

Ux?

#0
Bai 17: Khai trién nhj thtc:

x-1 =P x-1\1 -1\ x x-1( —x 1 —x\"
22 422 | =CY22 | +cl|22 234..+Ch 12223 +Chl23

Biét rang trong khai trién d6 Cf’, = SC}l va s6 hang thtr tu bang 20n, tim n va x

21
\ = . « R b I4 7 A)
Bai 18: Trong khai trién: | 3~ + | >~ Tim s6 hang chtra a, b ¢6 s6 mu ban
== TIOnS (\/ Vb V3a ) © ¢

nhau.
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B. BAI TAP TU LUYEN
Bai 1. V&i cac chir s6 0,1,2,3,4,5, co thé 1ap duoc bao nhiéu s6 ¢c6 5 chit sd khac
nhau?
Bai 2. Dung 5 chit s6 2.3,4,6,8 dé viét thanh s6 gdm 5 chit s6 khac nhau. Hoi:

a. Bit dau bai chit s6 2.

b. Bét dau béi chit s 36

c. Bit dau bai chir s6 482
Bai 3. Dung 6 chir $s6 1,2,3,4,5,6 dé viét thanh sb tu nhién gém 4 chir s6 khac nhau.
Hoéi:

a. Co bao nhiéu sé nhu vay

b. C6 bao nhiéu s6 bét dau béi chit so 1
Bai 4. Cho 8 chir s6 0,1,2,3,4,5,6,7. Hoi c6 thé 1ap dugc bao nhiéu sd co 6 chit sd
khac nhau trong d6 nhat thiét phai co6 mat chit s 4.
Bai 5. Véi cac chir s6 0,1,2,3,4,5,6 c6 thé lap dugc bao nhiéu sb6 ¢o 5 chit sb khac
nhau trong d6 nhat thiét phai c6 mat chir s 5.
Bai 6. Tu cac chir s6 1,2,3,4,5,6,7,8,9 thiét 1ap tat ca cac sd co 9 chit sd khac nhau.
Hoi trong cac sd thiét 1ap duoc ¢ bao nhiéu sé ma chit s 9 dung chinh giira.
Bai 7. Cho A = {0,1,2,3,4,5} ¢6 thé lap dugc bao nhicu s6 chén, mdi s6 c6 4 chir sb
khéc nhau.
Bai 8.

a. Tir cac chir s6 4,5,6,7 ¢6 thé l1ap duoc bao nhiéu s6 ¢6 cac chit sb phan biét.

b. T cac chit s6 0,1,2,3,4,5 c6 thé lap dugc bao nhiéu s6 chén gém 5 chit sb doi
mot khac nhau?
Bai 9. Cho tap E = {0,1,2,3,4,5,6,7,8,9}
Hoi c¢6 bao nhiéu sb tir nhién gém 5 chir s6 khac nhau chia hét cho 5?
Bai 10. Mot tap thé gdm 14 ngudi gdbm 6 nam va 8 nit, nguoi ta mudn chon 1 t6 cong
tac gdm 6 nguoi. Tim sd cach chon sao cho trong t6 phai ¢6 ca nam va nit?
Bai 11. Mot nhom hoc sinh gdm 10 nguoi, trong d6 ¢6 7 nam va 3 nir. Hoi c6 bao
nhiéu cach xép 10 hoc sinh trén thanh 1 hang doc sao cho 7 hoc sinh nam phai dtng
1ién nhau?
Bai 12. C6 mot hop dung 2 vién bi d6, 3 vién bi tring, 5 vién bi vang. Chon ngau
nhién 4 vién bi ldy tir hop do.
Hoi c¢6 bao nhiéu cach chon dé trong sb vién bi 1iy ra khong du 3 mau?
Bai 13. M4t 16p ¢6 20 hoc sinh trong d6 ¢6 2 can bd 16p. Hoi ¢ bao nhiéu cach cir 3
ngudi di du hoi nghi sinh vién cua truong sao cho trong 3 ngudi cé it nhat mot can bo
16p?
Bai 14. Mot doi van nghé c6 20 nguoi trong d6 ¢6 10 nam va 10 nit. Hoi ¢6 bao
nhiéu cach chon ra 5 ngudi sao cho:

1. C6 dung 2 ngudi nam trong 5 nguodi do

2. C6 it nhat 2 nam va it nhat 1 ni trong 5 nguoi dé
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Bai 15. C6 5 nha Toan hoc nam, 3 nha Toan hoc nir va 4 nha Vit 1y nam. Lap mot
doan cong tac can ¢6 ¢4 nam va nit, can c6 ca nha Toan hoc va nha V4t ly. Hoi c6 bao
nhiéu cach?
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Bai 16. Mot 16p hoc ¢6 30 hoc sinh nam va 15 hoc sinh nit. Cé 6 hoc sinh dugc cho
ra dé 1ap mdt tép ca. Hé1 co bao nhiéu cach chon khac nhau.

1. Néu phai c6 it nhat 2 nit.

2. Néu phai chon tuy y.
Bai 17. Mot to hoc sinh gdm 7 nam va 4 nit. Gido vién mudn chon 3 hoc sinh xép vao
ban ghé cua 16p, trong d6 co it nhat 1 nam. Hoi ¢6 bao nhiéu cach chon?
Bai 18. Chung minh rang:

clan—lyocdan—24 43C33n—34 4nCh=n4n"1

Bai 19. Chung minh rang:

C%mzc%ggéfcémzcgggﬁ +Ch02C3003—kc +-+CA003C1 = 1001.22002
Bai 20. Vdin la so nguyén du’O‘ng, ching minh h¢ thic sau:

Cin+Cin+ChnttCin ! = Chn+Coy +Ca+-+C1
Bai 21. Chung minh rang:
gn—lcl yan—32c2d 43 an—3C3 44 an—4C2 4 4nCL=n.30"1
Bai 22. Tinh tong:
§=cCl-202+43C3-4CE+..4+(-1)"LnCh
Bai 23. Tinh tong:
R+E5 el +r g e+ A+ Tl
Bai 24. Chimg minh rang:
Co01+32C300; +3%Cnp; +..+32000CETE) = 22000(22001 1)

Bai 25. Cho n 1a mét s6 nguyén duong:

1
a. Tinh : | = J.(1+ x)" dx
0

b. Tinh tong:
S=CY+5CL+5C2+..+—=5Ch
Bai 26. Tim sb nguyén duong n sao cho:
2 3 4 In+1_
Chati -2.2.C, 41+3.22C5 1 —423C5 L +..+(2n+1).220C50 T = 2005
Bai 27. Tim s0 nguyén duong n sao cho:
Cl4acl 44ci4 .. 42" Cl =243
Bai 28. Tim so0 tu nhién n thao man dang thirc sau:
B +Cay 32+, . 4+C3; 324, +CERT? 320—24.CFn 32n = 215(21641)
Bai 29. Tinh tong:
1.cl a.cl 3.c2 (n+1) Ch
it a Ay AL,

5=

biét rang, véi n 1a sb nguyén duong:
cl4+clyci =21
Bai 30. Tim s6 nguyén duong n sao cho:
CYyacl44ci4. . 42"Ch =243,
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Bai 31. Tim hé s cua x® trong khai trién thanh da thirc cua:
[143c2(1-30)]

3"-3 trong khai trién thanh da thuc coa:(x* + 1)"(x + 2)".

Bai 32. Goi ag,.3 1a hé s6 cia x

Tim n dé az,.3 = 26n

Bai 33. Tim hé s6 cua s6 hang chira x*° trong khai trién nhj thirc Newton ciia (—4 + X’
X

Biétrang: C, . +C’ +..+C; =2"°-1
Bai 34. Tim cac sd hang khong chtra x trong khai trién nhi thirc Newton cua:
7
%@ri)
( RS vo1 x>0

Bai 35. Tim s hang thtr 7 trong khai trién nhi thuc:
("fi + %@}15 v > 0

Bai 36. Cho :

A:(}:—#)gg—k (XB_%)ID

Sau khi khai trién va rat gon thi biéu thirc A s& gdm bao nhiéu s6 hang?

Bai 37. Tim hé s6 cua sb hang chira x® trong khai trién nhi thirc Newton ciia

n
1 /5 n +1
(X3+\h{— ) , biét rang; Gl'l‘l‘?_'_ci-i—? =T(n+3)

Bai 38. khai trién biéu thirc (1 - 2x)" ta dugc da thirc c6 dang:
a,[j—|—a,1:{—|—a,2:{3—|—. . .—I—a,n}:n_

Tom hé sb cua x5, biét ag+a;+a, = 71

Bai 39. Tim hé s6 cta x° trong khai trién da thirc:

x(1-2x )P +x2(143x) 10

Bai 40. Tim s6 hang khong chira x trong khai trién nhj thirc (Xz + isj
X

Biét ring: ChH+C3=13n

Bai 41. Giai cac phuong trinh:
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Cf + CE=Cf + &

2 (C% + C3)=3x2-5x%

2A2 =C¥1423x

2.(A32 53 A% 32042480042 =0
Bai 42. Giai cac hé phuong trinh:

28T +5CT = 90
A7 —2C¥ =80

Cy :C§+Q =
Cy :AF =

2lcon

287 +CT =50
5AT—3CT =80

A —
T4Cy =126

Pyy1="720

Bai 43. Giai cac bat phuong trinh:
AZ 45 AZ <21x
C8 X3 +C3 ¥ <124

Pn+4

l+32
(n—lk)t = S6A 43
Cof+AS P <586
C24+2C3-4C3<n2+41
C3—-3C2+2CL <0

Pn+5 k+4
(n—lo) <00AL 13

CE42C2—4C3<n241
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CHUYEN DE 3. PHUONG PHAP QUY NAP TOAN HOQC

Bai 1. Chting minh rang
a)1.2+25+38+..+n(Bn-1)=n’(n+1) véine N’
b)3+9+27+,,.+3”=%(3”*1-3) véine N

2
0)12+32+52+  +(2n-1)2= N4 =Y véin e N

n?(n+1)>
4

6) 12+ 2% + 3 + .. +n? = NnrDn+])
6

f) 2+4+6+--+2n=n(n+1) véine N
n(3n—1)

d)1*+2°+3+ .. +n’= véine N

voin e N

g) 1+4+7+--+(3n-2)= véin e N

h) 1.4+2.7+--+nGn+1) =n(n+1)> véine N
n(n+1)(n+2)
3
_2n(n+1)(2n+1)

K) 2% +4% +62 +---+(2n)* = : véine N
Bai 2. Chimg minh rang véi moin € N ta co:

a) n® + 2n chia hét cho 3

b) n®+ (n + 1)® + (n + 2)° chia hét cho 9

¢) n®+ 11n chia hét cho 6

d) 2n® - 3n*+ n chia hétcho 6

e) 4" + 15n - 1 chia hét cho 9

f) 3" *1 + 2"* 2 chia hét cho 7

g) n" - n chia hét cho 7

h) n® + 3n” + 5n chia hét cho 3

1) 1.2+23+34+--+nn+1)= voin > 2

Bai 3. Chtmg minh céac bat dang thic sau
a)2""?>2n+5 véin e N
b)2">2n+1 véine N, n>3
c)3">n’+4n+5 véineN,n>3

d)2"*>3n-1 véin>8
e)3"*'>nn+2) voinx4
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CHUYEN DE 4: DAY SO

Dang 1. Xac dinh mdt s6 s6 hang ciia diy sé. Xac dinh sé hang tong quat
Bai 1. Viét 5 s0 hang dau cia day so sau:

_2n-1 _( 1)n
a) Uy = -~ b) u, = "
u=u, =1 -
R (n>2) ¢) Uy = N2
u, =u,, +U.,, 2n+3
1 khin =2k 1
d){" . (voik >1) e) U =2; un+1:§(un+1)
"2 hin=2k+l
n
g) Uy = cos & h) nsinn?7I +n2cosn7“

Bai 2. Tim s hang tong quat cta diy sb
a) (uy): 1;2; 4, 8; 16; ...
11 11

3 (6Y (9) (12}
d Un): — =1 =l — | :=| — | :...
) (n): (7) ’(mj’ (13]’
Bai 3. Cho day s6 (up): U; = % Upe1 = 4Up +7 véin>1

a) TI’nh Uz, Uz, Ug, Us, Ug

2n+1

b) Chtng minh rang: u, = voin>1

Bai 4. Cho day s6 (up): Uy = 1; Ups1 = Up+ 7 Vi > 1
a) Tinh Uo, Uz, Ug, Us, Ug
b) Chting minh rang: u, = 7n— 6

Bai 5. Cho (up): uy =2; Uup+1=3u, +2n -1
Chting minh rang: u, = 3" - n

Dang 2. Xét tinh don diéu ciia mot day so

Bai 6. Xét tinh don diéu cua cac diy s6 sau

n+1 2n+1 n+1
a) U, = : b) u, = c)u, =
) n n ) " n+2 ) n n-2
2 3n 3n
d)u, = e) U, = —— Hu, ==
) Un n+1 ) Un AN ) Un n®
3n-2n+1 n+n+1
u,=-—= = Nu=————=
9) Un n+1 ) Un 2n® +1

Dang 4. Xét tinh bi chan caa day sé
Bai 7. Xét tinh bi chan cua cac day so
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1 2n-1
a)u,=2n-1 b) u, = C)u,=3.2
) Y= s )
3n?-2 n-7 3n*+ 3n+8
d)u, = e) Uy = Hu=——"—
) th n’+1 ) n 2n+3 ) o n“+n+3
BAI TAP TU LUYEN
Bai 1. tdm cdc gidi han sau:
. 2n+1 n(2n+1)(3n+2 n(2n+1
1. lim 4. lim (2n+1)( 3+ ) 7 Iim(—g)
n+1 (6n+1) (6n+1)
. =3n*+4n+1 s
2. lim—— . N +2
2n* =3n+7 Nl 8. lim
; n+1
. n*+4 5. lim 2
3. lim——— n®+2 . n(2n+1)(3n*+2)
5n°+n+8 6 I n+4 9. lim -
o lim————
n’—3n+2 (6n-+1)
Bai 2. todm cdc gio1 han sau:
. %+l Jn-2 . n+¥n*+1+ndn
1. lim 4, 7. lim
2n+3 n+\/_+1 nvn?+1+3
- 2dn+1 _ 3n*+n+2
2. lim——— 5. lim————
Jn+2+2 n+2
f 3/A3
3. limX2 1 6. Imé
Jn+1 243-2
Bai 3. tom cdc gi61 han sau:
1. Iim(\/n+1—\/ﬁ) |m( —4n — n)
2. Ilm(«/n +5n+1—+/n? —n) Ilm(n Jn? +3)
3. Ilm(«/Bn +2n-1—-+/3n2 —4n+8) ||m( n+1+Jﬁ)
7. Ilm(?’nz—n +n) n+31 n’
x/n 1-
8. Ilm(\/_ \/n+) i
1O.I|m(3n3—3n +1—\fn2+4n)
Bai 4. tdm cdc gio1 han sau:
n n_gan n _ 2
1. limi=4 3. limo 4 > 5. lim—on_t4n+l
1+4" 3"+4"-5" n-2
n_ an+l n n_ gn+l
lim3 24 4. Iim2+6—n‘1
3724 qn 3"+6"
Bai 5. tdm cdc gidi han sau:
. sinnz . sin10n+cos10n
1.1im 2.lim -
n+1 n°+2n
5 Iim( CH S +#j
' n+y1 n+2 n++/n

Bai 6 tom cdc gidi han sau:
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Gia Su Song Hanh
1. Iim1+3+5+;'+(2n+1) 2 Iiml+2+23+...+n
3n°+4 n° -3
P+2°+3F+..+n° . (1 1 jn
4. lim| = - —
n(n+1)(n+2) 2 3n
6. lim SN 6. lim i+i+...+;
3n+4 1.3 35 (2n-1)(2n+1)
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CHUYEN DE 5. GIOI HAN CUA HAM SO

Bai 1: Tim cac gidi han sau (dang %):

1) lim —-5x+6
X3 X2 —8x+15

— 2 J—

3) lim 4>2< +4x -3
x—3 X~ —3X
5) |mﬂ
Hlx —4x+3
7) lim —-2x -1

x-1 X° —2x 1
Bai 2. Tim céac gidi han sau(dang %)

1) Iim————

X—2 3

3) ||mM
Xx—0 X

ax -2
X_

x? —23x +1
(x-1)°

IX+2+x+7 -5

5) lim

X—2

7) lim

Xx—1

9) lim
)xaz X—2
o (3x=2)—4x*—x -2
11) Ilm( )2
x-1 X" —3X+2
13) lim X2 —2X+6 —/X> +2x—6
x-3 x*—4x+3
15) “m%/x—2+\3/x2—x+1
x—1 X2—1

Bai 3. Tim céac gidi han(dang %):

3 —_—

0 IimJXJg7 JX+3
x>l X" —3X+2
3) lim Y+x —1-x

x—>0 X

Y7+ x% -3+ x2
x-1
Nam hoc 2008 - 2009

5 i

2
2) lim 8x° -1
Hl 6x> —5x +1

2x* —6x° +3x* +1
—8x®+6x% -1
x® —2x*—4x +8
x* —8x* +16
) lim (1+x)(1+2x)(1+3x)—

x—0 X

4) lim
) x—>l 3X

6) lim

X—2

. 2x+7-3
2) im———
x>l X +3-2
JX+7-3

X2 —4

J1+x% -1

2

4) lim

X—2

6) lim

X—0 X

Ix -1

x -1
10) lim 1+ x

x»O

8) lim

X—0

—31-x
X

J2X+2 —/3x +1
x-1
14) lim IX+9+/x+16 -7

x—>0 X

12) lim

2) lim 2J1+ X —3/8—x

x—>0 X

JX+11-38x + 43
2x% +3x -2

6) lim X +7 —V5-X

x—1 X -1

4) lim

X——2
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3 —_
2 lim J1+4x31+6x -1

X—0 X

Bai 4. Tim cac gidi han (dang S):
o0
3 2 _
1) lim 42x 33x +24x 1
x>—0 X" —BX" 42X =X +3
2x —3)° (4x+7)’
3) lim \2X=3) (4x+7)
o (3x® +1)(10x° +9)
2
5) lim VX% +2X +3x
> JAx? +1—X +2
Bai 5. Tim céac gidi han (oo - 00):
1) lim [\/x2+x+1—\/x2—x+1]

X—>—00

3) |im[«/x+&—\/§}

X—>+00

5) Iimxz[«/?;x“ 453" —2}

X—>0

7) lim [§/X3 +2 —Jx? +1J

X—>+00

Nam hoc 2008 - 2009

J1+2x — 31+ 3x

2

8) lim

X—0 X

2 —_—
2) "mx2+—xl
x>0 2% + X +1

& lim (2x-3)" (3x +2)”
X (2x+12)”

5X + 31— X
1-x

6) lim

X—>—00

2) lim | (2x-5)~ax" —4x-1]

X—>+00

4) lim x[x/4x2 +9+ ZXJ

X—>—00

6) |imX2[x/3X4 +5 —/3x* —2}

X—>0

8) lim X|:\/4X2 +5-38x° —1}

X—>+00
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CHUYEN PE 6. PAO HAM

I. Tinh dao ham bing dinh nghia ) 7
Bai 1. Dung dinh nghia tinh dao ham ctia cac ham so sau tai cac diém:
1) f(x) = 2x° +3x + 1 taix = 1

2) f(x) = sinx taix=%
3) f(x) = ¥2x-1 taix =1

D10= 1

5) f(x) = x* +3|x - 1| taix =2
Yax2 +8-\8x2 +4

taix=0

6) f(x) = < Khix =0 i =0
0 khix=0
o1
= kh 0
7)) = xsmx I X # @i x = 0
0 khix=0
1-cosx .
———— kh 0
8)fx)=1 x 7 Y taix=0
0 khix=0
Bai 2. Dung dinh nghia tinh dao ham cua cac ham sé sau:
1)y=5x-7 2)y=3x*—4x+9
2X - 3
3y=3Yx-1 4)y=
X+4
5)y=x3+3x—5 6)y = /X +X

I1. Quan h¢ gitra tinh lién tuc va sy ¢6 dao ham

o1 )
) , sin— kh 0
Bai 3. Cho ham so f(x) = X! NG X7

0 khix=0

Chtng minh rang ham s lién tuc trén R nhung khong c¢6 dao ham tai x = 0.

xcosi khix =0
Bai 4. Cho ham s f(x) = NG

0 khix=0

1) Chimg minh rang ham s lién tuc trén R

2) Ham s6 c6 dao ham tai x = 0 khong? Tai sao?.
ax® +bx khix >1

2X -1 khix <1

Tim a, b dé ham s6 c6 dao ham tai x = 1

Bai 5. Cho ham s6 f(x) = {

Nam hoc 2008 - 2009
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ax +b khix > 0

Bai 6. Cho ham Sé f(X) = 4 C0S2X - cos4x )
khi x <0
X
Tim a, b dé ham s6 c6 dao ham tai x =0
. 2 + ix <

BAi 7. Cho ham sé fx) = 1 ¢ T8 Khix <3

4x -1 khi x >3

Tim a d€ ham s6 khong c6 dao ham tai x = 3.

I11. Tinh dao ham bang cong thic:
Bai 8. Tinh dao ham cua cac ham sb sau:

1)y= %x3—2x2+3x

3)y = (X + 1)(3—2x%)
B)y = (x* +3)°
7)y=2x3—9x*+12x — 4

Bai 9. Tinh dao ham cua cic ham sd sau ;

X* +2x+3
Hy=>_"="°7°
)y X3 —2

1 1
J)y=—-XxX+ —

)y 4 X
2x+1

5 =

)Y 7 1

2X -3
7 =
)y X+4

Bai 10. Tinh dao ham ctia cac ham sb sau:
y= 2 +5J%

X

3)y=(x-2)Jx* +1
5)y = Jx® -2x%+1

Xx+1

Ny=
JIx2 +1

2)y=-x"+2x*+3

4)y=(X-1)(x-2)(x~-3)
6) y = x(x + 2)*
8)y = (x* + 1) + 1)*(x* + 1)°

x> +3x-3

2)y:—
2(x-1)

1 1
4)y=—-x-1+—
)Y 2 x-1

4
6 - _
)Y >

X* -2x + 4

8)y:—
X-2

2

2)y=§x\/§

4)y=x+2 +4-x
B)y=x+ V4-x°

8)y= x> +1+1-2%°

I11. Viét phuong trinh tiép tuyén ciia do thi tai mot diém

Bai 11. Cho ham s y = %x3 —2x*+3x (C)

1) Viét phuong trinh tiép tuyén A voi d thi (C) tai diém c6 hoanh d6 1a x = 2.
2) Chimg minh rang A 13 tiép tuyén c6 hé sb goc nho nhat

Bai 12. Choham s y=-x*+3x+1 (C)

1) Viét phuong trinh tiép tuyén A cua (C) tai diém c6 hanh d6 1a x =0
2) Ching minh rang ti€p tuyén A 1a tiép tuyén cua (C) c6 hé s6 gdoc 16n nhat.

Bai 13.
Nam hoc 2008 - 2009
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1) Viét phuong trinh tiép tuyén vé6i d6 thi cua hs: y = x° — 3x° + 2 tai diém (-1; -

2)
x> +4x +5

tai diém
X+ 2

2) Viét phuong trinh tiép tuyén véi do thi ctia ham sé y =
c6 hoanh @0 x =10
IV. Viét phuwong trinh tiép tuyén cua do thi (C) khi biét h¢ so goc k.
Bai 14.
1) Viét phuong trinh tiép tuyén véi do thi ctia ham sd y = v/2x + 1 biét hé s goc
cta tiép tuyén 1a % :

2) Viét phuong trinh tiép tuyén voi d6 thi ciia ham sd y = x* — 2x = 3 biét:
a) Tiép tuyén song song v&i duong thang 4x —2y +5=0
b) Tiép tuyén vuong goc voi duong thang x +4y =0
BAi 15. Cho ham sb y = >~ 12 (©)
X -
Viét phuong trinh tiép tuyén véi do thi (C) biét:
1) Hoanh d¢ cua tiep diemlax =0
2) Tiép tuyén song song véi duong thang y =- X + 3
3) Tiép tuyén vudng goc voi duong thang 4x —y +10=0

< A A A r 5 (4 A \ 1
4) Bié€t h¢ so goc cua tiép tuyén la - g

V. Viét phwong trinh tiép tuyén di qua mot diém:
Bai 16. Cho hamsd y=x>-3x*+2 (C)
1) Viét phuong trinh tiép tuyén cia (C) ké tir diém A(0; 2)
2) Tim trén duong thang y = 2 cac diém dé tir 46 c6 thé ké duogc 2 tiép tuyén
vudng gbc vaoi nhau.
Bai 17. Viét phuong trinh tiép tuyén voi do thi cia ham sd y = f(x) biét:
1) f(x) = 3x — 4x® va tiép tuyén di qua diém A(1; 3)

2) f(x) = %X4 — 3%+ g va tiép tuyén di qua diém B(0; %)

3) f(x) = x + Ll va tiép tuyén di qua diém C(0; 1)
Bai 18.

1) Cho ham s6 y = x + %1 (C). Chting minh rang qua diém A(1; -1) ké duoc
X

hai tiép tuyén toi do thi va hai tiép tuyén d6 vudng goc véi nhau.

X+2

2) Tim m dé tir M(m; 0) ké duoc hai tiép tuyén voi do thi ham s y = sa0

x-1
cho hai ti€p di€ém nam v¢e hai phia cua truc Ox.
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